We prove the existence of common fixed points for two weakly compatible mappings satisfying a 'generalized condition (B)'. This result generalizes some theorems of Al-Thagafi and Shahzad [2] and Babu, Sandhya and Kameswari [3] .
Introduction and preliminaries
In 1968, Kannan [10] proved a fixed point theorem for a map satisfying a contractive condition that did not require continuity at each point. This paper was a genesis for a multitude of fixed point papers over the next two decades. Sessa [11] coined the term weakly commuting maps. Jungck [8] generalized the notion of weak commutativity by introducing compatible maps and then weakly compatible maps [9] We now introduce almost contraction property to a pair of selfmaps as follows: Definition 1.1. Let (X, d) be a metric space. A map T : X → X is called an almost contraction with respect to a mapping f : X → X if there exist a constant δ ∈]0, 1[ and some L ≥ 0 such that
d(T x, T y) ≤ δ d(f x, f y) + L d(f y, T x),
for all x, y ∈ X.
If we choose f = I X , I X is the identity map on X, we obtain the definition of almost contraction, the concept introduced by Berinde ([5] , [6] ). This concept was introduced by Berinde as 'weak contraction' in [5] . But in [6] , Berinde renamed 'weak contraction' as 'almost contraction' which is appropriate.
Berinde [5] proved the following two fixed point theorems for almost contractions in complete metric spaces.
Theorem 1.2. Let (X, d) be a complete metric space and T : X → X an almost contraction. Then
(1) F (T ) = {x ∈ X : T x = x} = ∅, (2) for any x 0 ∈ X, the Picard iteration x n+1 = T x n , n = 0, 1, 2, · · · (1.1)
converges to some x * ∈ F (T ),
the following estimates
hold, for n = 1, 2, · · · .
) be a complete metric space and T : X → X an almost contraction for which there exist θ ∈]0, 1[ and some
Then (1) T has a unique fixed point, i.e., F (T ) = {x
for any
a priori and posteriori error estimates 
It was shown in [5] that any strict contraction, the Kannan [10] and Zamfirescu [12] mappings, as well as a large class of quasi-contractions, are all almost contractions.
Let f and T be two selfmaps of a metric space (X, d). T is said to be f -
In 2006, Al-Thagafi and Shahzad [2] proved the following theorem which is a generalization of many known results. 
They proved the following fixed point theorem. Definition 1.8. Let (X, d) be a metric space, f and T be self-mappings on X, with T (X) ⊂ f (X), and x 0 ∈ X. Choose a point x 1 in X such that f x 1 = T x 0 . This can be done since T (X) ⊂ f (X). Continuing this process having chosen
The sequence {f x n } is called a T -sequence with initial point x 0 .
We now introduce a generalization of 'condition (B)' for a pair of self maps.
for all x, y ∈ X, where
If f = I X , then we say that T satisfies 'generalized condition (B)'.
Here we observe that 'condition (B)' implies 'generalized condition (B)'. But its converse need not be true. 
d(x, T x), d(y, T y), d(x, T y), d(y, T x)}.

Then
(1) T has a unique fixed point, i.e., F (T ) = {x * };
the rate of convergence of Picard iteration is given by
In this paper, we prove a result on the existence of points of coincidence for two maps satisfying generalized condition (B). We apply this result to obtain common fixed points of two weakly compatible selfmaps, which is the main result of this paper (Theorem 2.2). Our result generalizes some theorems of Al-Thagafi and Shahzad [2] and Babu, Sandhya and Kameswari [3] .
Common fixed point theorems
First, we establish a result on the existence of points of coincidence and then we apply this result to obtain common fixed points for two self mappings of weakly compatible maps.
is a complete subspace of X, then f and T have a unique point of coincidence.
Proof. Let x 0 be an arbitrary point in X and let {f x n } be a T −sequence with initial point x 0 . Now,
Thus by taking x n for x and x n−1 for y in the inequality (1.2), it follows that
which implies that d(f x n , f x n+1 ) = 0 and hence f x n = f x n+1 = T x n and the result follows.
Now, for any positive integers m and n with m > n, we have
which implies that {f x n } is a Cauchy sequence. If f (X) is a complete subspace of X, there exists a p ∈ f (X) such that f x n → p. Hence we can find u * in X such that f u * = p. Now,
which on taking limit as n → ∞ gives that
Hence d(p, T u * ) = 0 and f u
Now, if T (X) is complete, then there exists a q ∈ T (X) such that T x n → q as n → ∞. Since T (X) ⊂ f (X), we have q ∈ f (X) and f x n → q as n → ∞. Now from the above discussion, q is a point of coincidence.
Uniqueness of point of coincidence:
Assume that there exist points p, p * in X such that p = f u = T u and
and from the inequality (1.2) we have
Thus, it follows that
we deduce that p = p * .
Theorem 2.2. Let (X, d) be a metric space. Let f, T : X → X be such that T (X) ⊆ f (X). Assume that T satisfies generalized condition (B) associated with f . If either f (X) or T (X) is a complete subspace of X, then f and T have a unique common fixed point in X provided that the pair (f, T ) is weakly compatible.
Proof. By Theorem 2.1, f and T have a unique point of coincidence. Since the pair (f, T ) is weakly compatible, by Lemma 1.4, f and T have a unique common fixed point.
If either f (X) or T (X) is a complete subspace of X, then f and T have a point of coincidence. Moreover, f and T have a unique common fixed point provided that the pair (f, T ) is weakly compatible.
Proof. As the inequality (2.2) is a special case of (1.2), the result follows from Theorem 2.2.
The following example is in support of Theorem 2.2. 
Proof. p ∈ F (f, T ). Let {z n } be any sequence in X converging to p. Then by taking y := z n and x := p in (1.2), we get
, · · · . Now, by letting n → ∞ we get T z n → T p as n → ∞ whenever f is continuous at p and 0 < δ < 1
Discussion
Following the similar arguments to those given in the proof of Theorem 2.2, we can prove the following theorem.
for all x, y ∈ X, where holds, for n = 1, 2, · · · . for n = 0, 1, 2, · · · .
But the following example shows that for a pair of selfmaps f and T of a complete metric space X, even if T is an almost contraction with respect to f and both f and T are continuous on X, the maps f and T may not have a common fixed point in X. 
